Of the axioms for formal homology theory the homotopy axiom generally seems to have the least elegant proof. An alternative easier to prove would be the cone axiom: The cone over any space X has the homology groups of its vertex. A little thought shows that for the simplicial and singular theories, at least, the cone axiom implies the homotopy axiom since one uses the former to apply either acyclic carriers of the theory of acyclic models. So it is reasonable to expect that the cone plus the remaining axioms imply the homotopy axiom. This may be seen as follows. 
